RECAFEE  NO. 10 2013. 12.10

10 Fermat @ (/) EiE, Euler DEE, (Z/mZ)* DItDAIE,
[RIa1R

10.1 fREiim

T 10.1. ((Z/mZ)* OTTDME) m 22 EOHERE, o 2 m L EWICHERERE T
%.ad"=1 modm Z2AETRANDEHRE L %2, EmICBT 5 a DA £721% ¢ mod m
DRI E NS . Euler DFEFIZED 0?™ =1 mod m KV EOD S, TD & S5 EHRE k
WIFEET S L. s 2 amod m ODAEE T B, (il s IZTEHEIT L DIRD 2 DD 5M TR
Tons.

()keN,1<k<s=a"#1 mod m.
(2) a®* =1 mod m.

(BERY) FIRBOEDOERIZ LD, EREDOHERB L 126 L T

=g -a=ga=a
N——" N——
k {1 k

k

MDD, U2 > CTRIE9.4(1) IT& D,
i =1le=df=1<=d"=1 modm.

FNT, @k =1 %A TH/NOHRE k& BNRIAE a ORI TR,
m DRREDMEE m=pf - -pir LEFEL I Tey HIERARE, pr,...,pr 1ZED2
OHLMHELLERTH S.

P(m) :=lem(p(pt'), - o(py7)),
A(m) == max{a DA | a € (Z/mZ)*}

LEFHTD. A(m) | v(m) | p(m) DD LD, O

EZ 10.2. (mod m DFEIER) m 22U EOHREK, g & m L HWIRREHLT 5.
g DNED p(m) &7225 & E, B g 13Em ICET 2RERE 7213 mod m DFEIEIR &
EN 5. BERIRIRERE (Z/mZ)* PFEEIRE B D720 DBE+I3 &M m DIED,

m =2, 4, p® £721% 2p°

LIRBIETHD. TIT e lFARE, p FAHRE (p #2). THE Gauss(1801) 12 X 5%
Thd. O

LHBWEaDRE a,6?,a3,--- (mod m) ZFFELUTITL &, (Z/mZ)* \FEREEZH»
S5V ORI mod m TRILEDBRHTET, it &k DB DIFHEDR DS, UL, Euler

DEHIE p(m) ’T LB modm T1 EHFAICRDLWVIHRVEEZLTWS.
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10.2 MREHR

& 10.1.

(1) ERE3Y % 7 CHIo7=R D E2RD &,
100

(2) f1 Y K10 2FE101 THI- 722 EDRD KD K.

k=1

BIRE 10.2. (Fr LY UME) FMp»p=3 mod4 2H72FTLE 2REAN 22 = ~1
mod p IFBBHZ T2\ & &2 RE.
(B> b: Fermat O/NEH 25 )

fRE 10.3. W HE (odd prime) &%, [HEHTHLHRK 2F v, NRUNOEK] D&
ThHbd. p q 2HRELDLHRERBLTS.

(1) 2IXAFAX 22 =1 mod p DEHEIE 2 =41 mod p DATH S Z & ZIFHHE K.
(evbh: BERT)Y NOME4L2)

2RAEFR 22 =1 mod 9 DEIEIZ 2 =+1 mod 9 DATHBZ L 2HENID L.

DI L ERE.

78 10.4. Euler DEM % i > TIRORIWNIZE Z &
(1) 12385 2 121 THI- =R D Z2kdD L. (2) L DT 2MiZ KD X.

7R 10.5. p, ¢ R 2FE LT 5. MOBWIZEZ L.

(1) k=1 modp—152 k=1 mod q—1 2A7=THRE k DERIZZFET S Z
&R,

(2) EZ/NE Q) LS HERBETE. 20 E AROEE o iU T, o =a mod pg
DR D D Z & &R,

(3) 197157 % 35 TH|-72 L EDRY ZRD K.



FIRE 10.6. BERREIARERE (Z2/52)° DEIC1,2,3,4 DB ZERD K. F2FEREZ T TR
O &. ZTDMEEIT W OEZ K.

B8 10.7. MERREIREERE (Z/10Z2)" DETGONEE KD K. E AR E T TRD &

PIRE 10.8. RN 24 =233 12k D, (24) =222 -1)(3 - 1) =8. &> T, BEFHE
RERE (2/242) F 8 DGE H D, Bu DM %KD K.

a |15 7T 13 171 B
a DAL |

E72 N24) & p(24) DIEEFRYE K.

IR 10.9. B g B ERp 2L UTHBRTH B L &, p 2L L THREIRFEDOELS DM D

IRDFN%Z R’ -
{3,9%...,3""'y=1{1,2,3,...,p—1}.

(evb: ZZAOEEDITCDMEB A S.)

BIRE 10.10. m % 2 A EOHRE, a € (Z/mZ)* &3 5. a DhiEE s & L, k ZHREL

?5.:@a§@k@&ﬁugﬁés)am%:a%ﬁ%&&x%ﬁfuthﬁ%amm

D —fizft.) ’

R 10.11. (Fy LV IBE) pa2FEM,ac (Z/p2)* £$5. a DN 3 61X 1+a

DREE 6 12725 2 & 2Rt
(evbh:ad—1=0%RNENMT2.)

IR 10.12. p 2FEH L $5. MEH 10.3(1) £ 10.9 Z > T, Wilson D EE:

(p—1)!'=—-1modp
ZGEHIE &

BIRE 10.13. o 22U EOHRKE TS, 202 E a|{(a— 1) +1} DED LD SIE, a
WEBE B2 %27R3E. DF 0, Wilson DEBDH AL D LD

B 10.14. (Fyv LV IMBEE) p 2&FZ B, n Zp— 1 TEOVUNZVWHARKE TS, Z
1

DLE Y Kk p THO NG Z L AR
k=1

(b b: M 10.9.)



